A new strategy is proposed in order to effectively design the components of actuation mechanisms for flapping wing micro air vehicles. To this end, the merits and drawbacks of some existing types of conventional flapping actuation mechanisms are first discussed qualitatively. Second, the relationships between the design of flapping wing actuation mechanism and the entrance requirements including the upstroke and downstroke angles and flapping frequency are determined. The effects of the components of the actuation mechanism on the kinematic and kinetic parameters are investigated. It is shown that there are optimum values for different parameters in order to design an efficient mechanism. Considering the optimized features for an actuation mechanism, the design, analysis, and fabrication of a new hybrid actuation mechanism for FWMAV named "Thunder I" with fourteen components consisting of two six-bar mechanisms are performed. The results show that this designed hybrid actuation mechanism has high symmetrical flapping motion with hinged connections for all components. The proposed methodology for the modeling and fabrication of Thunder I's actuation mechanism can be utilized as guidelines to design efficient FWMAVs actuation mechanisms.
Introduction
Flapping wings are usually designed in three classes: Micro Air Vehicle (MAV), Nano Air Vehicle (NAV), and Pico Air Vehicle (PAV) [1] [2] [3] [4] [5] [6] [7] . To perform its mission, a flapping wing needs an actuation mechanism [8, 9] . The type of actuation mechanism is dependent on the type of the system [9] [10] [11] . For example, for flapping wings at MAV scale, several fabrication and actuation methods were applied and most of them are similar to the commercial FWMAVs, such as Delfly [10, 12] , Slowhawk2 [13] , kinkade [14] , and Kestrel [15] . Delfly MAV is powered by a DC electric motor coupled to a gearbox and linkage mechanism using conventional pin joints [12] . At NAV scale, AeroEnvironment company has recently designed and fabricated a flapping wing NAV like a hummingbird, which is capable of flying in hover mode [16] . This Nano-Hummingbird uses an actuation mechanism composed of rollers and strings, while still using a geared down motor to provide power at the right frequency [17] [18] [19] . In 2016, Nguyen et al. [20] designed a flapping wing NAV which uses two planar four-bar linkages (crank-rocker mechanisms) to mimic an insect's wing joint system. For this actuation mechanism a brushless motor and two-stage gear system were used. In 2017, Roshanbin et al. [21] proposed a flapping mechanism consisting of a slider crank connected to a four-bar mechanism for motion Figure 1. Schematic views of the (a) single crank mechanism, (b) single crank mechanism with an offset, (c) slider crank mechanism, (d) double crank mechanism, and (e) alternate configuration.
The first one is a mechanism with a single crank which is one of the simplest and lightest actuation mechanisms in terms of design. The disadvantage of this actuation mechanism is that the flapping wing motion is neither completely symmetrical nor harmonic [31, 32] . The second type is a single crank mechanism with an offset which is similar to single crank mechanism, with the exception that the connecting rods have deviations relative to the crank. This design allows the flapping mechanism to have a symmetrical flapping motion while maintaining its simplicity and light weight. The advantages of this mechanism is that there is a little phase difference between the flapping of the two half wings unlike the single crank mechanism which does not have deviation. The most important drawback of this actuation mechanism is that if the rockers are in the same vertical plane, they cross each other [28, 31] . The third type is known as a slider crank mechanism. It uses a piston effect to obtain a symmetrical flapping motion [33] . The existence of the slider link leads to the unfeasibility of this four-bar flapping mechanism due to frictional losses and difficulty in fabrication [28, 31] . The fourth actuation mechanism is a double crank mechanism. The design of this mechanism is similar to single crank mechanism with an offset which can provide a symmetrical flapping motion [34] . The drawbacks of this mechanism are its complexity and its high weight. In addition to that, during flapping flight, the gears slip and hence the wings motion become out of phase. This would be undesirable since there is no possibility to correct the phase difference during flight [28, 31, 32] . All mentioned four-bar actuation mechanisms are designed with the fixed pivot which is located Figure 1 . Schematic views of the (a) single crank mechanism, (b) single crank mechanism with an offset, (c) slider crank mechanism, (d) double crank mechanism, and (e) alternate configuration.
The first one is a mechanism with a single crank which is one of the simplest and lightest actuation mechanisms in terms of design. The disadvantage of this actuation mechanism is that the flapping wing motion is neither completely symmetrical nor harmonic [31, 32] . The second type is a single crank mechanism with an offset which is similar to single crank mechanism, with the exception that the connecting rods have deviations relative to the crank. This design allows the flapping mechanism to have a symmetrical flapping motion while maintaining its simplicity and light weight. The advantages of this mechanism is that there is a little phase difference between the flapping of the two half wings unlike the single crank mechanism which does not have deviation. The most important drawback of this actuation mechanism is that if the rockers are in the same vertical plane, they cross each other [28, 31] . The third type is known as a slider crank mechanism. It uses a piston effect to obtain a symmetrical flapping motion [33] . The existence of the slider link leads to the unfeasibility of this four-bar flapping mechanism due to frictional losses and difficulty in fabrication [28, 31] . The fourth actuation mechanism is a double crank mechanism. The design of this mechanism is similar to single crank mechanism with an offset which can provide a symmetrical flapping motion [34] . The drawbacks of this mechanism are its complexity and its high weight. In addition to that, during flapping flight, the gears slip and hence the wings motion become out of phase. This would be undesirable since there is Drones 2019, 3, 73 3 of 21 no possibility to correct the phase difference during flight [28, 31, 32] . All mentioned four-bar actuation mechanisms are designed with the fixed pivot which is located between the two connecting rods. The final mechanism (fifth one) is an alternate configuration. In this mechanism, there are two fixed pivots that are outside the connecting rods. This mechanism will provide the same flapping motion in comparison to other four-bar mechanisms [31, 35] . It should be mentioned that this mechanism cannot be used by biplane flapping wing MAVs because the fixed wing pivots is not located at the same position and also the mechanism does not have a symmetrical shape [31] . In Table 1 , the advantages and drawbacks of the discussed four-bar actuation mechanisms are summarized. In addition to the four-bar mechanisms, there are mechanisms with five and six bars which are more complicated than four-bar actuation mechanisms. The five-bar mechanisms based on the flight modes can be designed in different workspaces (planer, spatial, and spherical) [36] . For example, Srinath et al. [37, 38] designed spatial and spherical five-bar actuation mechanisms which are used for insect size flapping wings and are not suitable for FWMAVs. As for the planer five-bar actuation mechanism, it has been designed by Bejgerowski et al. [39] for a NAV flapping wing. In their actuation mechanism, they utilized a flexible frame that transfers an input force or displacement to another point through elastic body deformation [36] . This type of actuation mechanism is not desirable because of the difficulty in its fabrication and possible fatigue issues. Considering the six-bar mechanisms, it usually uses a slider as prismatic joint in their structure [40] which is not desirable because of the frictional losses and difficulty in fabrication. These types of the mechanisms are usually used in small flapping wings with hovering capabilities. For example, in 2016, Jeon et al. [41] designed a flapping actuation mechanism using a pair of six-bar linkage, based on their flapping wing MAV design requirements. In their study, several mechanisms were analyzed using a flexible multi-body dynamic analysis and the performance of each mechanism was evaluated [41] .
Beside mentioned actuation mechanisms, there are bioinspired compliant actuation mechanisms which are designed for flapping wings. Tantanawat and Kota [42] in 2007 investigated the power flow in compliant actuation mechanisms that are employed in dynamic applications such as bioinspired flapping wings. They identified various elements of the energy storage and transfer between the input, external load, and strain energy stored within the compliant transmission [42] . In 2012, Gerdes et al. [43] reported different types of flapping wing MAV designs and compare their salient characteristics. They focused on mechanical aspects of actuation mechanisms for bioinspired miniature-sized flapping wing air vehicles with a weight of 10 to 100 g [43] . In 2017, Zhang and Rossi [44] reviewed and discussed the state-of-the-art of the compliant transmission mechanisms for bio-inspired flapping-wing micro air vehicles. In 2019, Zhang and Rossi [45] presented compliant transmission mechanisms for a flapping wing MAV in order to reduce its power consumption and minimize the peak input torque required by the driving motor. In this study, we offer a hybrid actuation mechanism which has the advantages of other types of actuation mechanisms with avoiding their possible above discussed drawbacks. This mechanism is a combination of the alternate configuration and slider crank mechanism, but uses guidance bars instead of the slider systems. Two main features of this mechanism are its high symmetry and all its hinged connections.
Generally, in the design and analysis of the flapping mechanism of the MAVs, researchers deal with two parts; the first part consists of components of the mechanism and the second one consists of the physical and aerodynamic parameters [46] . The components which constitute a flapping mechanism are crank, conrod, rocker, guide bars, pivots, pins, etc. The physical parameters include flapping frequency, upstroke and downstroke flapping angles, angular velocity, required torque for flapping, and forces acting on the mechanism. The difficulty of designing and fabricating small-sized, low-power consumption, and light FWMAVs require an efficient design which is very vital for achieving efficient performance [47] . Currently, the development of the flapping mechanisms design usually follows trial and error methods [48] . Even though most of these designs satisfy the goals, such a method makes optimization and evaluation of the mechanism difficult. This study tries to extend some guidelines regarding the effects of different parameters on the mechanism design and power consumption. In other words, we intend to introduce an approach for the design of the flapping mechanism of FWMAVs which will be applied for a fabricated FWMAV named "Thunder I". The rest of this study is organized as follows: the flapping wing mechanism design process is presented in Section 2. In Section 3, the design of the "Thunder I" FWMAV hybrid mechanism is investigated and discussed. The fabrication and testing of actuation mechanism of "Thunder I" are shown in Section 4. Summary and conclusions are presented in Section 5.
Flapping Wing Mechanism Design Process
After performing the sizing process and aerodynamic analysis that led to the determination of the geometry and dimensions of wings and other physical parameters (such as, flapping frequency, upstroke and downstroke flapping angle), as well as the calculation of the aerodynamic forces (such as, the lift, drag, and thrust forces) [4, [49] [50] [51] , the actuation mechanism design process is then started. The placement of the actuation mechanism step in flapping wing design process is shown in Figure 2 . Issues that need to be considered in the flapping actuation mechanism design, are as follows: (1) the total weight of the actuation mechanism should be as low as possible; (2) the mechanism should be simple, solid, and has few pivots; (3) the flapping motion of the wings should be close to harmonic; (4) the phase difference between the wings should be as close as possible to zero; (5) the wings should be in the same vertical plane; (6) the flapping angles must be equal to the requested amount; (7) the selected shape and dimensions of the actuation mechanism have to avoid the presence of any additional stresses on the wing; and (8) the mechanism components should be able to tolerate the unpredictable forces, such as gust and crash. For each mechanism design, there are an infinite set of dimensions [29] . However, if the dimensions are large, the actuation mechanism will be heavy, and if they are very small, it will be difficult to construct, and it will not be able to tolerate the vibration and stress from the flapping motion.
As mentioned in several references [29, 36, 41, 52] , there are various types of actuation mechanisms for flapping wings. The main objective is to convert the rotational motion to flapping motion [53] . Four-bar mechanisms are usually used in mechanism design and according to their arrangements and relative size; a flapping motion can be obtained [29] . It should be noted that the kinematic and performance of a mechanism vary according to their types. Some of the mechanisms have more efficiency and require less torque and create less noise. Therefore, determining the drawbacks and advantages of existing actuation mechanisms can help us to select the best one of them for a well-defined mission. There are two main goals in the selection of the mechanism type which should be taken into consideration. The first one is the selection of a mechanism which needs less torque for flapping motion and consequently selecting a motor with less required power. The second goal is to determine the Drones 2019, 3, 73 5 of 21 appropriate range of the transmission angle which is a good indicator for determining the performance of the mechanism, its quality, and its expected noise output [54] . According to Kimbrell [55] , the transmission angles should not be lower than 40 • and greater than 120 • to have a smooth motion. As illustrated in Figure 2 , the process of the mechanism design consists of the selection of the mechanism type, selection of the dimensions of each mechanism component, and optimization of the mechanism design by checking different constraints through a parametric study. Figure 2 . A schematic view of the mechanism status in flapping wing design process and proposed flowchart for flapping mechanism design process.
Thunder I FWMAV Hybrid Mechanism Design
The novel offered mechanism for the flapping wing is an improved hybrid mechanism with 14 components which has been defined with combination of the slider crank mechanism ( Figure 3a ) and alternate configuration ( Figure 3b ) mechanism and its prominent features including its symmetrical shape and motion and all of its connections are hinge. This hybrid actuation mechanism uses two fixed pivots in a similar manner as the alternate configuration and applies the reciprocating motion in a similar manner as the slider crank mechanism. As mentioned in several studies [28, 31] , in order to increase their symmetrical flapping motion, some flapping wings use sliding systems. However, in this hybrid actuation mechanism, the guidance bars are applied since they have better performance compared to slider systems. In other words, the use of these guidance bars gives the opportunity to eliminate the slider component while its symmetry is preserved. The main task of guidance bars is to provide constraints for the connector member to move in vertical direction. In summary, the main motivation of this novel hybrid actuation mechanism is to increase the flapping efficiency and Figure 2 . A schematic view of the mechanism status in flapping wing design process and proposed flowchart for flapping mechanism design process.
The novel offered mechanism for the flapping wing is an improved hybrid mechanism with 14 components which has been defined with combination of the slider crank mechanism ( Figure 3a ) and alternate configuration ( Figure 3b ) mechanism and its prominent features including its symmetrical shape and motion and all of its connections are hinge. This hybrid actuation mechanism uses two fixed pivots in a similar manner as the alternate configuration and applies the reciprocating motion in a similar manner as the slider crank mechanism. As mentioned in several studies [28, 31] , in order to increase their symmetrical flapping motion, some flapping wings use sliding systems. However, in this hybrid actuation mechanism, the guidance bars are applied since they have better performance compared to slider systems. In other words, the use of these guidance bars gives the opportunity to eliminate the slider component while its symmetry is preserved. The main task of guidance bars is to provide constraints for the connector member to move in vertical direction. In summary, the main motivation of this novel hybrid actuation mechanism is to increase the flapping efficiency and eliminate the drawbacks of the existed mechanisms. Schematic of the hybrid mechanism and its detailed view are shown in Figure 3c In the mechanism shown in Figure 3c , the radius of crank is R, the length of the conrod is L, and the connector member is acting as a slider crank mechanism and creates reciprocating motion in a vertical direction. In this mechanism, there is a connecting rod with length b that converts the reciprocating motion created by the connector member to an oscillating motion in the rocker. In this actuation mechanism, the first part of the rocker has a length equal to a. A two dimensional schematic view of the six-bar mechanism is presented in Figure 4a .
(a) Two dimensional view of the flapping mechanism, (b) triangle consisting of three members of the mechanism, namely, crank, conrod, and connector member, and (c) created triangles from mechanism components.
In the following sections, the effects of some flapping mechanism components on the kinematic and kinetic parameters are investigated in order to design an efficient actuation mechanism for the fabricated Thunder I FWMAV [4] .
Determining the Minimum Ratio of L/R
To avoid severe impacts on the mechanism, the motion of the connector member should be harmonic. In order to achieve this goal, the ratio of L/R should be increased for a well-defined value of the radius R of the crank. On the other hand, the increase of this dimensionless parameter results in an increase in the weight and dimensions of the mechanism. Therefore, this parameter should be optimized during the mechanism design process. Considering the schematic presented in Figure 4b , the equations of the position, velocity, and acceleration of the connector member, respectively, are given by: In the mechanism shown in Figure 3c , the radius of crank is R, the length of the conrod is L, and the connector member is acting as a slider crank mechanism and creates reciprocating motion in a vertical direction. In this mechanism, there is a connecting rod with length b that converts the reciprocating motion created by the connector member to an oscillating motion in the rocker. In this actuation mechanism, the first part of the rocker has a length equal to a. A two dimensional schematic view of the six-bar mechanism is presented in Figure 4a . In the mechanism shown in Figure 3c , the radius of crank is R, the length of the conrod is L, and the connector member is acting as a slider crank mechanism and creates reciprocating motion in a vertical direction. In this mechanism, there is a connecting rod with length b that converts the reciprocating motion created by the connector member to an oscillating motion in the rocker. In this actuation mechanism, the first part of the rocker has a length equal to a. A two dimensional schematic view of the six-bar mechanism is presented in Figure 4a . In the following sections, the effects of some flapping mechanism components on the kinematic and kinetic parameters are investigated in order to design an efficient actuation mechanism for the fabricated Thunder I FWMAV [4] .
To avoid severe impacts on the mechanism, the motion of the connector member should be harmonic. In order to achieve this goal, the ratio of L/R should be increased for a well-defined value of the radius R of the crank. On the other hand, the increase of this dimensionless parameter results in an increase in the weight and dimensions of the mechanism. Therefore, this parameter should be optimized during the mechanism design process. Considering the schematic presented in Figure 4b , the equations of the position, velocity, and acceleration of the connector member, respectively, are given by: In the following sections, the effects of some flapping mechanism components on the kinematic and kinetic parameters are investigated in order to design an efficient actuation mechanism for the fabricated Thunder I FWMAV [4] .
To avoid severe impacts on the mechanism, the motion of the connector member should be harmonic. In order to achieve this goal, the ratio of L/R should be increased for a well-defined value of the radius R of the crank. On the other hand, the increase of this dimensionless parameter results in an increase in the weight and dimensions of the mechanism. Therefore, this parameter should be optimized during the mechanism design process. Considering the schematic presented in Figure 4b , the equations of the position, velocity, and acceleration of the connector member, respectively, are given by:
.
..
In Equations (1)-(3), ω represents the angular velocity of the crank. This angular velocity is related to the frequency of oscillations f by ω = 2πf. In Figure 5a -c, the variations of the non-dimensional position, velocity, and acceleration of the connector membrane as a function of the angular position of the crank are plotted for various values of L/R when the flapping frequency is considered equal to 9 Hz. It follows from these plots that when L/R higher than 3.5, this curve is closer to the harmonic shape. This is particularly obvious in the plotted curves of the dimensionless acceleration, as shown in Figure 5c . Investigating the variations of the dimensionless acceleration as a function of the crank angle, it is found that L/R is equal to 4 is the minimum allowable value in order to get harmonic oscillations. Designing the ratio L/R with higher values than this allowable value, the FWMAV will have higher weight and dimensions.
In Equations (1)-(3), ω represents the angular velocity of the crank. This angular velocity is related to the frequency of oscillations f by ω = 2πf. In Figure 5a -c, the variations of the nondimensional position, velocity, and acceleration of the connector membrane as a function of the angular position of the crank are plotted for various values of L/R when the flapping frequency is considered equal to 9 Hz. It follows from these plots that when L/R higher than 3.5, this curve is closer to the harmonic shape. This is particularly obvious in the plotted curves of the dimensionless acceleration, as shown in Figure 5c . Investigating the variations of the dimensionless acceleration as a function of the crank angle, it is found that L/R is equal to 4 is the minimum allowable value in order to get harmonic oscillations. Designing the ratio L/R with higher values than this allowable value, the FWMAV will have higher weight and dimensions. 
Determining of the Flapping Angle and the Optimal Angle of Transmission
Next, we determine the relations between the flapping angle (γ), the crank angular position (θ), and other parameters which affect the flapping angle. It follows from Figure 4a that:
Substituting Equations (1) and (5) into Equation (4), one obtains:
It should be mentioned that H represents the distance between the origin and the point of wing pivot which has a constant length. Therefore, its derivative is zero. Differentiating Equation (6) with time, one obtains:
Equations (7) and (8) show the expressions of the angular velocity and acceleration of the FWMAV, respectively. In Equation (8), . θ = ω denotes the angular velocity of the crank and has a constant value. According to Figure 4c , we have:
Using the law of sines, the angle n can be expressed as:
In Equations (9) and (10), c = L/R and d can be calculated using one of these relations:
According to Equations (11) and (12), the transmission angle (ξ) can be expressed as:
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It follows from Figure 4c , that:
Hence, the flapping angle γ is given by:
For a better conversion of the power from motor to the wings, it was shown by Mabie and Reinholtz [56] that the transmission angle ξ should be approximately equal to 90 degrees. This means that the rocker and the connecting rod are perpendicular to each other. Inspecting Equation (13), it is clear that the values of a, b, H, R, and L/R are so important to determine the optimum value of the transmission angle ξ Furthermore, it follows from Equations (13) and (14) that the effective parameters affecting the flapping and transmission angles are common. Thus, these two angles should be determined simultaneously. To this end, we propose a methodology to identify the optimum value for the flapping and transmission angles, as presented in Figure 6 . 
For a better conversion of the power from motor to the wings, it was shown by Mabie and Reinholtz [56] that the transmission angle ξ should be approximately equal to 90 degrees. This means that the rocker and the connecting rod are perpendicular to each other. Inspecting Equation (13), it is clear that the values of a, b, H, R, and L/R are so important to determine the optimum value of the transmission angle ξ Furthermore, it follows from Equations (13) and (14) that the effective parameters affecting the flapping and transmission angles are common. Thus, these two angles should be determined simultaneously. To this end, we propose a methodology to identify the optimum value for the flapping and transmission angles, as presented in Figure 6 . In this methodology, the design is started with considering initial values for L/R, R, a, b, H, and C, and then based on the shown flowchart in Figure 6 and the required values of the upstroke and downstroke flapping angles, the optimized value of each parameter can be obtained. As presented in the flowchart, the methodology considers a minimum value for the crank radius R. This parameter has a great impact on the other mechanism components. The increase of this parameter value increases the weight and dimensions of the mechanism. It should be noted that a reduction of the crank radius can also cause limitations in mechanical engineering design of the mechanism. In this process, the upstroke (α) and downstroke (β) angles are two known parameters which are considered as constraints based on the sizing design [4] . The difference between the maximum and minimum flapping angles (γmax − γmin) generated by the actuation mechanism is one of the constraint that determines the optimum value of a. If the value of (γmax − γmin) is less than the sum of the upstroke and downstroke angles (α + β), the value of a should be reduced and if is more than (α + β), the value of a should be increased. After determining the optimum value of a which satisfy the flapping angle In this methodology, the design is started with considering initial values for L/R, R, a, b, H, and C, and then based on the shown flowchart in Figure 6 and the required values of the upstroke and downstroke flapping angles, the optimized value of each parameter can be obtained. As presented in the flowchart, the methodology considers a minimum value for the crank radius R. This parameter has a great impact on the other mechanism components. The increase of this parameter value increases the weight and dimensions of the mechanism. It should be noted that a reduction of the crank radius can also cause limitations in mechanical engineering design of the mechanism. In this process, the upstroke (α) and downstroke (β) angles are two known parameters which are considered as constraints based on the sizing design [4] . The difference between the maximum and minimum flapping angles (γ max − γ min ) generated by the actuation mechanism is one of the constraint that determines the optimum value of a. If the value of (γ max − γ min ) is less than the sum of the upstroke and downstroke angles (α + β), the value of a should be reduced and if is more than (α + β), the value of a should be increased. After determining the optimum value of a which satisfy the flapping angle condition (γ max − γ min = α + β), the next condition (γ min = 0) is investigated. If the γ min > 0 or γ min < 0, according to defined priorities in flowchart shown in Figure 6 , the value of b, H, R, or C are revised to get γ min = 0. After these steps, the harmonic motion of wing is tested. If the motion is harmonic, next step is started. Otherwise, the selected values of the parameters should be changed.
As mentioned above, the optimum value of the transmission angle is 90 • . Since the angle will be constantly changing during the motion cycle of the actuation mechanism, there is a position at which the transmission angle will deviate most from 90 • . In practice [56, 57] , it was stated that if the maximum deviation of the transmission angle from 90 • exceeds 50 • , the mechanism will be locked [57] , therefore the maximum and minimum values of the transmission angle ξ are respectively, considered equal to 40 • and 140 • . It was also reported that the difference between the maximum and minimum values of the transmission angle (ξ max − ξ min ) should be almost equal to the maximum flapping angle (γ max = α + β) [54] . As shown in Figure 6 , if the mentioned conditions are not satisfied, some modifications are needed according to the defined priorities. After satisfying all of these conditions, to avoid the left and right wings crossing each other, the difference between the value of a and C should be as low as possible (a − C < ε).
Considering the values of the upstroke (α) and downstroke (β) angles as well as the flapping frequency (f ) are equal to 32 degrees, 30 degrees, and 9 Hz, respectively, and performing reciprocating calculations based on the proposed methodology, the first dimensions (mode (1)) of the designed six-bar actuation mechanism are obtained. It should be noted that after doing reciprocating calculations and according to what was discussed for the determination of the minimum length of R, the optimum value of R is selected to be equal to 8 mm which can provide the harmonic motion for the wings. The five final scenarios (modes (1-5)) for optimizing the mechanism dimensions based on the offered methodology are presented in Table 2 . As seen in mode (1), the first defined condition (γ max − γ min = α + β) is not accomplished. Therefore, the dimensions of a and b should be reduced to get this condition (γ max − γ min = α + β = 62 • ) in mode (2) . Inspecting the obtained values in mode (2) , it is clear that γ min < 0 and according to flowchart the dimension of b should be increased which gives the mode (3). After doing these reciprocating calculations, mode (5) is determined which satisfies all of the required conditions. The plotted curves in Figure 7a show the variations of the flapping angle (γ) as a function of the crank angle (θ) for the five considered modes during the design process. Clearly, the oscillations of the flapping angle are harmonic for all modes. The minimum value of the flapping angle for both modes (3) and (5) is zero. However, their associated maximum values are, respectively, equal to 55.6 • and 62 • . The later one is equal to α + β, as required in the design process. Considering mode (5) where (γ max − γ min = α + β) and γ min = 0, we plot in Figure 7b 
Designing of the Guidance Bars
The second part of the flapping wing mechanism consists of the guidance bars and the connector member. As shown in Figure 8a According to the triangle shown in Figure 8b , we have: 
The second part of the flapping wing mechanism consists of the guidance bars and the connector member. As shown in Figure 8a , λ denotes the angle between the top and bottom guidance bars. The lengths of these bars are, respectively, represented by l u and l d and considered equal to 25 mm and 20 mm. 
The second part of the flapping wing mechanism consists of the guidance bars and the connector member. As shown in Figure 8a , λ denotes the angle between the top and bottom guidance bars. The lengths of these bars are, respectively, represented by lu and ld and considered equal to 25 mm and 20 mm. According to the triangle shown in Figure 8b , we have: 
Substituting y by its expression given in Equation (1), the angle λ can be expressed as: According to the triangle shown in Figure 8b , we have:
Substituting y by its expression given in Equation (1), the angle λ can be expressed as:
It follows from Equation (17) that for adjusting the λ angle, the parameters e and s are needed. These parameters determine the position of the bottom guidance bar relative to the reference. Setting the value of e to be equal to 10 mm, the distance s from the reference to the bottom guidance bar is determined in such a way the motion of the angle λ is harmonic. It should be mentioned that this distance should be maximized to reduce the needed size during oscillation. Figure 9 shows the variation of λ as a function of the crank angle for different values of s. It is clear that the maximum possible value of s to guarantee harmonic oscillation is 15 mm. ( )
It follows from Equation (17) that for adjusting the λ angle, the parameters e and s are needed. These parameters determine the position of the bottom guidance bar relative to the reference. Setting the value of e to be equal to 10 mm, the distance s from the reference to the bottom guidance bar is determined in such a way the motion of the angle λ is harmonic. It should be mentioned that this distance should be maximized to reduce the needed size during oscillation. Figure 9 shows the variation of λ as a function of the crank angle for different values of s. It is clear that the maximum possible value of s to guarantee harmonic oscillation is 15 mm. The final design parameters for the guidance bars are given in Table 3 . 
Dynamic Analysis of the Designed Actuation Mechanism
After determining the dimensions of the actuation mechanism, a dynamic analysis was performed to investigate the effects of the inertia forces and moments on the structure of the mechanism starting from the given schematics in Figures 10a,b. (a) (b) The final design parameters for the guidance bars are given in Table 3 . 
After determining the dimensions of the actuation mechanism, a dynamic analysis was performed to investigate the effects of the inertia forces and moments on the structure of the mechanism starting from the given schematics in Figure 10a 
After determining the dimensions of the actuation mechanism, a dynamic analysis was performed to investigate the effects of the inertia forces and moments on the structure of the mechanism starting from the given schematics in Figures 10a,b. (a) (b) Figure 10 . (a) A schematic view of the analyzed part of the mechanism and (b) a schematic view of the used coordinate system. The connector member can only move in the Y direction and thus can be assumed as a slider. To determine the inertia force and moment of the conrod, a new coordinate system was considered, as shown in Figure 10b . The new coordinate system is related to the original coordinate system by:
To calculate the acceleration at the center of mass of the conrod, the accelerations of points A and B should be calculated. The magnitude of the acceleration at point A and its vectorial representation are, respectively, given by:
If the acceleration equations are written in x-y coordinate system, one obtains:
a Ax = −Rω 2 (sin θ cos ϕ + cos θ sin ϕ) = −Rω 2 sin(θ + ϕ) a Ay = −Rω 2 (cos θ cos ϕ − sin θ sin ϕ) = −Rω 2 cos(θ + ϕ)
The acceleration of conrod at point B is given by:
From Figure 10b , Y can be expressed as:
Considering the following relationship between the angles θ and ϕ:
thus:
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The acceleration of the conrod at point B in the x-y coordinate system can be written as:
Applying the relative acceleration equations, the acceleration of the center of mass of the conrod can be calculated using one of these expressions:
Summing Equations (27) and (28), the following relations are obtained:
After substituting Equations (21) and (26) into Equations (29) and (30) , one obtains:
a CGy = −0.5
The angular acceleration of the conrod can be calculated as:
To calculate the inertia force and moment generated by the conrod, the mass (m) and moment of inertia (I) of the conrod are determined which are equal to 0.70 g and 6 × 10 −8 kg·m 2 , respectively. Consequently, the inertia forces and moment can be expressed as:
In Figure 11a ,b, the variations of the inertia forces and moment as a function of the crank angle are plotted. Inspecting these plots, it is clear that these inertia forces and moment have a negligible effect on the performance of the system. In fact, the magnitude of the force is very small compared to the aerodynamic lift of the flapping wing MAV which is determined to be equal to 3.4 N [4] . (34) In Figure 11a ,b, the variations of the inertia forces and moment as a function of the crank angle are plotted. Inspecting these plots, it is clear that these inertia forces and moment have a negligible effect on the performance of the system. In fact, the magnitude of the force is very small compared to the aerodynamic lift of the flapping wing MAV which is determined to be equal to 3.4 N [4] . 
Required Torque and Power
In this section, the required torque for the crank is determined in order to give the exact lift force for the flapping wing. A schematic including different applied forces on the actuation mechanism is presented in Figure 12 . 
In this section, the required torque for the crank is determined in order to give the exact lift force for the flapping wing. A schematic including different applied forces on the actuation mechanism is presented in Figure 12 . To solve the kinematic of the mechanism shown in Figure 12 and calculate the required torque for the crank rotation, the external forces should be determined. In flapping mechanism analysis, the external forces are aerodynamic forces acting on wing and the input torque acting on the crank. The relationship between the needed torque and the aerodynamic force is given by [54, 55] :
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In Equation (36), → V F is linear velocity of the wing and → F Aero is the lift force which is generated by semi wing. In Figure 13 the position of the aerodynamic forces on every semi wing are presented. To solve the kinematic of the mechanism shown in Figure 12 and calculate the required torque for the crank rotation, the external forces should be determined. In flapping mechanism analysis, the external forces are aerodynamic forces acting on wing and the input torque acting on the crank. The relationship between the needed torque and the aerodynamic force is given by [54, 55] :
In Equation (36), ⃗ is linear velocity of the wing and ⃗ is the lift force which is generated by semi wing. In Figure 13 the position of the aerodynamic forces on every semi wing are presented. According to Figure 13 and considering the position of the aerodynamic center to the central point which is equal to 0.47·(0.5bw) [58] where bw is the wingspan, the linear velocity of the wing is expressed as:
It should be noted that the only aerodynamic forces which are exerted on the wing in vertical direction, in cruise flight of flapping wing, is the lift force which is approximated by this function [4] According to Figure 13 and considering the position of the aerodynamic center to the central point which is equal to 0.47·(0.5b w ) [58] where b w is the wingspan, the linear velocity of the wing is expressed as:
It should be noted that the only aerodynamic forces which are exerted on the wing in vertical direction, in cruise flight of flapping wing, is the lift force which is approximated by this function [4] : L w ≈ 6.6855 cos(18πt − 0.5454π) + 4.3845 (37) Substituting Equation (36) into Equation (35) , one obtains:
In Equation (37), the time can be expressed as a function of the crank angle as:
In Figure 14a -c, we plot the variations of the wing angular velocity, lift, and required torque as a function of the crank angle, respectively. From Figure 14c , the minimum, maximum, and mean values of the required torque are determined.
In Figure 14a -c, we plot the variations of the wing angular velocity, lift, and required torque as a function of the crank angle, respectively. From Figure 14c , the minimum, maximum, and mean values of the required torque are determined. According to Figure 14b , the required mean and maximum power values for the crank rotation are given by: 
Fabrication and Experimental Testing of the Hybrid Actuation Mechanism
After determining the optimum dimensions of the actuation mechanism, as well as the required torque and power to rotate the crank, the fabrication step is started. According to the shape of the mechanism, it was necessary that a container was designed in order to hold the actuation mechanism of the flapping wing. After doing accurate and different analyses, the mechanism is simulated and manufactured [4] . To fabricate this actuation mechanism, the aluminum was used as the principal material. It should be mentioned that the mechanism components including gears and holder frame were manufactured with wire cut machine. For surface treatment of the mechanism, all its components were anodized. After designing and fabricating the Thunder I mechanism, various tests were then performed [4] . The first test was carried out to check the flapping frequency, while the 
After determining the optimum dimensions of the actuation mechanism, as well as the required torque and power to rotate the crank, the fabrication step is started. According to the shape of the mechanism, it was necessary that a container was designed in order to hold the actuation mechanism of the flapping wing. After doing accurate and different analyses, the mechanism is simulated and manufactured [4] . To fabricate this actuation mechanism, the aluminum was used as the principal material. It should be mentioned that the mechanism components including gears and holder frame were manufactured with wire cut machine. For surface treatment of the mechanism, all its components were anodized. After designing and fabricating the Thunder I mechanism, various tests were then performed [4] . The first test was carried out to check the flapping frequency, while the second one was to check the upstroke and downstroke angles, and both of these tests were successful. More results can be found in [4] . In Figure 15 , the components of the actuation mechanism, its final design, and experimental test of Thunder I FWMAV are shown.
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Conclusions
To design an efficient actuation mechanism for a flapping wing micro air vehicle named "Thunder I", various kinematic and kinetic analyses have been performed. After performing these analyses, a methodology that relates the optimum parameters of the actuation mechanism to the entrance parameters, such as the upstroke and downstroke angles and flapping frequency was developed. Using this methodology, it was shown that an efficient hybrid actuation mechanism can be designed with having symmetrical flapping motion and hinge connections for all components. This designed mechanism for Thunder I which consisted of fourteen components consisting of two six-bar mechanisms was then manufactured and tested. Figure 15 . Overall view of the hybrid actuation mechanism and experimental tests.
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